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Cα,r
β C, α > 0, r > 0, 2π

x ∈ R

f(x) =
a0
2

+
1

π

π∫
−π

Pα,r,β(x− t)ϕ(t)dt, a0 ∈ R, ϕ ⊥ 1,

ϕ ∈ C Pα,r,β(t)

Pα,r,β(t) =

∞∑
k=1

e−αk
r
cos

(
kt− βπ

2

)
, α > 0, r > 0, β ∈ R.

f ϕ f
ϕ Jα,r

β (ϕ) ϕ

f fα,r
β

ρn(f ;x) f n− 1

ρn(f ;x) := f(x)− Sn−1(f ;x),

Sn−1(f ;x) =
a0
2

+

n−1∑
k=1

(ak cos kx+ bk sin kx) ,

ak = ak(f) =
1

π

π∫
−π

f(t) cos ktdt, bk = bk(f) =
1

π

π∫
−π

f(t) sin ktdt,

En(f)C f
τ2n−1 tn−1(·) n− 1

En(f)C := inf
tn−1∈τ2n−1

‖f − Sn−1(f)‖C .

‖ρn(f ; ·)‖C En(f)C

‖ρn(f ; ·)‖C ≤
(

4

π2
lnn+O(1)

)
En(f)C , n ∈ N.

C
Cα,r
β C

f ∈ Cα,r
β C

n n1 = n1(α, r)

, ϕ ⊥⊥⊥⊥⊥⊥⊥⊥ 11111,

)
, α > 000000000,, rrrrr, rr >>>>>>>>> 000000000, β, β, β, β, β, β, β, ββ ∈∈∈∈∈∈∈∈∈ RRRRRRR.
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ρn(f ;x) ::======== fff(x)− SSSSSSSSSnnnnnnnnnSS −1(f ;x)
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α > 0 r ∈ (0, 1) n1 = n1(α, r) n ∈ N

1

αr

1

nr

(
1 + ln

πn1−r

αr

)
+

αr

n1−r ≤
1

(3π)3
.

α > 0 r ∈ (0, 1) β ∈ R n ∈ N f ∈ Cα,r
β C

n ≥ n1(α, r)

‖ρn(f ; ·)‖C ≤ e−αn
r

(
4

π2
ln

n1−r

αr
+ γn

)
En(f

α,r
β )C .

f ∈ Cα,r
β C F (x) = F (f, n, x)

Cα,r
β C En(F

α,r
β )C = En(f

α,r
β )C n ≥ n1(α, r)

‖ρn(F ; ·)‖C = e−αn
r

(
4

π2
ln

n1−r

αr
+ γn

)
En(f

α,r
β )C .

γn = γn(α, r, β) |γn| ≤ 20π4

(fα,r
βf )))))CCCCCCCC ..
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